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ABSTRACT: The coupling of charge and phonon transport in solids is a long-standing issue for
thermoelectric performance enhancement. Herein, two new narrow-gap semiconductors with the
same chemical formula of GeSe0.65Te0.35 (GST) are rationally designed and synthesized: one with
a layered hexagonal structure (H-GST) and the other with a non-layered rhombohedral structure
(R-GST). Thanks to the three-dimensional (3D) network structure, R-GST possesses a
significantly larger weighted mobility than H-GST. Surprisingly, 3D-structured R-GST displays an
extremely low lattice thermal conductivity of ∼0.5 W m−1 K−1 at 523 K, which is comparable to
that of layered H-GST. The two-dimensional (2D)-like phonon transport in R-GST stems from
the unique off-centering Ge atoms that induce ferroelectric instability, yielding soft polar
phonons, as demonstrated by the Boson peak detected by the low-temperature specific heat and
calculated phonon spectra. Furthermore, 1 mol % doping of Sb is utilized to successfully suppress
the undesired phase transition of R-GST toward H-GST at elevated temperatures. Consequently,
a peak ZT of 1.1 at 623 K is attained in the rhombohedral Ge0.99Sb0.01Se0.65Te0.35 sample, which is
1 order of magnitude larger than that of GeSe. This work demonstrates the feasibility of exploring high-performance thermoelectric
materials with decoupled charge and phonon transport in off-centering compounds.
KEYWORDS: 2D phonons, GeSe, thermoelectric, weighted mobility, thermal conductivity

1. INTRODUCTION
About two-thirds of the worldwide energy consumption is
wasted as heat and can possibly be recovered by use of
thermoelectric devices.1−4 At a given temperature gradient,
thermoelectric conversion efficiency is related to the
dimensionless figure of merit of the materials, ZT = S2σT/
κtot, where S, σ, T, and κtot denote the Seebeck coefficient,
electrical conductivity, absolute temperature, and total thermal
conductivity, respectively.5 Usually, the term S2σ reflects the
electrical properties of thermoelectric materials and is
measured by the weighted mobility μw ≈ μH(mDOS* /me)3/2.

6

Here, μH is the Hall mobility of charge carriers, mDOS* is the
density of states effective mass, and me is the inertial mass of
free electrons. κtot, on the other hand, is a sum of the lattice
thermal conductivity (κlat) and electronic thermal conductivity
(κele). The strong coupling between these charge and phonon
transport parameters complicates the optimization of ZT in
thermoelectric materials.7

Normally, two-dimensional (2D) materials exhibit intrinsi-
cally low values of κlat because phonons are strongly impeded
when they propagate through the interlayers.8,9 Typical
examples include Bi2−xSbxTe3,

10,11 BiCuSeO,12−14 SnSe,15,16

Bim(Bi2Se3)n,
17,18 etc. Unfortunately, in most cases, the 2D

materials also heavily scatter charge carriers for the same

reason.19 On the contrary, the three-dimensional (3D)-
structured non-layered compounds usually display high μw
but, meanwhile, larger κlat than 2D materials.20 There are only
very few exemptions that large μw and low κlat are
simultaneously recorded in one single material;21,22 i.e., charge
and phonon transports are decoupled.

2D orthorhombic GeSe has been theoretically predicted to
possess an excellent ZT of 2.5 at 800 K because of its
exceptionally low κlat.

23 However, experimentally, the potential
of GeSe as an advanced thermoelectric material was not fully
realized. For one thing, GeSe is hardly doped to populate
sufficient charge carriers;24,25 for another, the layered structure
of GeSe sacrifices μw, leading to poor PF. Recent studies
demonstrate considerably improved thermoelectric perform-
ance of GeSe by modifying its crystal structure.26−31 For
instance, through alloying with AgSbSe2, 2D GeSe transforms
into the 3D rhombohedral structure.32 The resultant Ge-
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(AgSb)xSe1+2x samples show much higher values of μw. In
addition, the new compound is proven to be heavily self-doped
with a hole concentration on the order of 1020 cm−3 at room
temperature, far larger than that (∼1016 cm−3) of pristine
GeSe.25 More importantly, low κlat of GeSe is well-reserved in
rhombohedral Ge(AgSb)xSe1+2x, leading to a maximum ZT of
∼0.86 at 710 K in the x = 0.2 sample. Similar results are found
when GeSe is alloyed with AgSbTe2,

33 AgBiSe2,
34 AgInTe2,

35

AgBiTe2,
36 and MnCdTe2.

37

Despite the above-mentioned progress, the origin of low κlat
in rhombohedral GeSe remains unclear. Particularly, because
heavy alloying is necessary to stabilize the rhombohedral
structure of GeSe, it is natural to ask whether atom disorder
contributes to its high thermal resistance. To answer the
question, in this work, by a subtle design of the synthesis
condition (detailed in the Experimental Section) according to
the GeSe−GeTe pseudo-binary phase diagram,38,39 two
different narrow gap semiconductors with the same chemical
composition of GeSe0.65Te0.35 (GST) have been successfully
prepared (see their powder X-ray diffraction patterns in Figure
S1 of the Supporting Information and densities listed in Table
S1 of the Supporting Information): one adopts the 3D-
structured rhombohedral structure (denoted as R-GST) with a
trace second phase of Pnma GeSe, and the other crystallizes in
a 2D-layered hexagonal structure (denoted as H-GST)
separated by the van der Waals gap (Figure 1a). Interestingly,
in R-GST, the octahedron of [Ge(Se/Te)6] contains three
longer bonds of 3.077 Å and three much shorter bonds of

2.732 Å, implying that Ge atoms are apparently displaced from
the octahedron center. Such an off-centering behavior of Ge
(supported by the Rietveld refinement structural parameters in
Table S2 of the Supporting Information) stems from the
strong thermodynamic driving force of the 4s2 lone pair
electrons to stereochemically express itself and might give rise
to robust ferroelectricity, as seen in BaTiO3

40,41 and GeTe.42,43

Indeed, herringbone-like ferroelectric domains are clearly
observed in R-GST under transmission electron microscopy
(TEM) (Figure S2 of the Supporting Information).

2. EXPERIMENTAL SECTION
2.1. Material Synthesis. High-purity (>99.99%) elements Ge, Se,

Te, and Sb were weighted in a stochiometric ratio and sealed in quartz
tubes under vacuum. With 8 h of melting at 1173 K and subsequent
water quenching (route I), samples were crystallized in the
rhombohedral phase, while the hexagonal crystal was synthesized
with an additional 12 h of annealing at 623 K (route II). The resulting
ingots were ground into fine powders and consolidated by spark
plasma sintering under 60 MPa pressure at 773 K for 10 min in high
vacuum.

2.2. Phase and Microstructure Characterization. The phase
structure was characterized by powder X-ray diffraction (XRD,
Epyrean, PANalytical). Temperature-dependent powder XRD was
carried for R-GST and 1% Sb-doped R-GST under a N2 atmosphere
(D/max 2400, Riguka). Differential scanning calorimetry (DSC)
curves were carried out on Q20 (TA Instrument) under a heating rate
of 5 K/min.

2.3. Thermoelectric Property Measurements. The electrical
resistivity and Seebeck coefficient were measured with a Cryoall CTA-
3 instrument system. The thermal diffusivity (D) was examined by the
laser flash method (LFA-457, Netzsch), and the thermal conductivity
κtot is obtained by κtot = DCpρ, where Cp is the heat capacity derived
from the empirical Dulong−Petit law and ρ is the density estimated
by the Archimedes method. The thermal diffusivity was measured
along the same direction as the electrical transport for both H-GST
and R-GST. Considering the isotropy characteristic exhibited by the
rhombohedral structure, we measured the electrical properties
perpendicular to the sintering direction and the thermal diffusivity
parallel to the sintering direction for 1% Sb-doped R-GST. Cryogenic
Cp was tested in the physical property measurement system (PPMS-9,
Quantum Design) from 2 to 300 K. The carrier concentration (pH)
and Hall mobility (μH) were measured on the Hall system (Lakeshore
8404).

2.4. Computational Details. Phonon dispersions and band
structures were performed by density functional theory (DFT)
calculations. All of the calculations were performed using the
generalized gradient approximation with the Perdew−Burke−
Ernzerhof (PBE) functional44 for the exchange−correlation functional
and projector augmented wave potentials as implemented in Vienna
Ab initio Simulation Package (VASP).45 We constructed several
Ge8Te3Se5 crystal cells belonging to the R3m and P63mc space groups
and calculated the energies, respectively. The crystal structure with
the lowest energy was selected for subsequent phonon calculations,
for which 2 × 2 × 2 supercells were employed to capture the phonon
dispersions. The k paths of Γ−M−K−Γ−A−L−H−A|L−M|H−K for
H-GST and Γ−T−H2|H0−L−Γ−S0|S2−F−Γ for R-GST were
adopted. A total of 100 k points were scattered between each high-
symmetry point.

3. RESULTS AND DISCUSSION
A combinational study of temperature-variant XRD and DSC
suggests that R-GST undergoes a two-step phase transition
upon warming: transformation into (i) H-GST at ∼615 K and
then (ii) cubic rock salt structure (C-GST, space group of
Fm3̅m) at ∼730 K; see the flow guided by the green arrow in
Figure 1a. Specifically, as shown in Figure 2a, R-GST retains its

Figure 1. (a) Crystal structures of R-GST, H-GST, C-GST, and 1%
Sb-doped R-GST and their evolution with the temperature. [Ge(Se/
Te)6] octahedron and the bond lengths are illustrated. The synthesis
routes I and II of GST are described in the Experimental Section. (b)
Comparison of ZT values for R-GST, H-GST, and 1% Sb-doped R-
GST in this work and GeSe, which is reproduced with permission
from ref 24. Copyright 2016 Elsevier.
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rhombohedral structure (space group of R3m) with small
peaks of H-GST (space group of P63mc) when T ≤ 573 K.
However, at T = 623 K, R-GST has already completely
transformed into H-GST. Correspondingly, there is an
exothermic peak at 615 K in the DSC curve of R-GST (Figure
2b), which is unambiguously attributed to the rhombohedral
to hexagonal (R → H) phase transition. We also note a strong
endothermic peak at 730 K (735 K) in the DSC curve of R-
GST (H-GST). Because Se vapor easily contaminates the Pt
heater at a high temperature, we are not able to heat the
samples exceeding 650 K during the in situ XRD measurement.
Therefore, the X-ray technique is unlikely to be employed for
the direct determination of phase evolution above 700 K.
However, the endothermic peak at ∼730 K is most likely
related to the hexagonal to cubic (H → C) phase transition of
GST, as concluded from the GeSe−GeTe pseudo-binary phase
diagram.

Sb (1 mol %) doping in R-GST (1% Sb-doped R-GST)
efficiently eliminates the R → H phase transition. As illustrated
in Figure 2c, 1% Sb-doped R-GST has a consistent
rhombohedral structure until 623 K, where it becomes cubic.
The corresponding DSC curve (Figure 2d) also reveals only
one broadened endothermic peak at ∼642 K, which is ascribed
to the rhombohedral to cubic (R → C) phase transition.

Figure 2. In situ XRD studies on (a) R-GST and (c) 1% Sb-doped R-
GST. The DSC curves of (b) H-GST and R-GST and (d) 1% Sb-
doped R-GST. The inset of panel d illustrates the crystal structure of
1% Sb-doped R-GST before and after phase transition.

Figure 3. Temperature-dependent (a) Seebeck coefficients and (b) electrical conductivities for H-GST, R-GST, and 1% Sb-doped R-GST.
Comparison of (c) temperature-dependent pH and (d) room-temperature values of μw. The theoretical electronic band structures of (e) H-GST
and (f) R-GST. Insets of panels e and f illustrate the first Brillouin zone of the two compounds.
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As displayed in Figure 1b, the maximum ZT (perpendicular
to the sintering pressure direction, unless otherwise noted) of
2D-layered H-GST is ∼0.1 at 623 K, only slightly larger than
that of pristine GeSe. By comparison, R-GST shows
significantly boosted ZT values below 523 K because of its
2D-like phonon transport in the 3D non-layered structure
(which will be detailed in the following section). However, the
thermoelectric performance of R-GST quickly degrades once
the R → H phase transition occurs. The adverse R → H phase
transition vanishes in the 1% Sb-doped R-GST sample, leading
to the ZT value continuously ramping to 1.1 at 623 K and
outperforming many other rhombohedral GeSe-based com-
pounds reported thus far29,33,37,46,47 (Figure S4 of the
Supporting Information).

The temperature-dependent Seebeck coefficients and
electrical conductivities of R-GST, H-GST, and 1% Sb-doped
R-GST are displayed in panels a and b of Figure 3, respectively.
For R-GST and H-GST, the thermoelectric transport data have

been collected both perpendicular (⊥) and parallel (∥) to the
sintering pressure direction. Both the values of σ and S are
practically isotropic in R-GST, which is consistent with its 3D
non-layered structure. For this reason, we only provide the σ
and S data of 1% Sb-doped R-GST measured perpendicular to
the sintering direction. In contrast, S is identical but σ differs a
lot in the two directions of H-GST, characteristic of 2D-
layered materials.

The Seebeck coefficients (electrical conductivities) of R-
GST are significantly larger (slightly lower) than those of H-
GST below 523 K, but they suddenly drop (increase) beyond
that temperature because of the ongoing R → H phase
transition and finally approach those of H-GST at T ≥ 623 K
when the transition process is finished. Such abnormal changes
of S and σ in the temperature interval of 523−623 K, however,
are absent in 1% Sb-doped R-GST as a result of the elimination
of the R → H phase transition. Instead, S (σ) keeps going up
(down) until 623 K, where the R → C phase transition starts

Figure 4. (a) Total and (b) lattice thermal conductivity as a function of the temperature for H-GST, R-GST, and 1% Sb-doped R-GST samples.
The calculated phonon spectra of (c) H-GST and (d) R-GST. The red circles in panel d demonstrate the avoided crossing of the low-frequency
optical modes with the acoustic modes. (e) Cp/T versus T2 in the temperature range of 5−40 K for R-GST. The black and red solid lines are
calculated by a simple Debye and combined Debye−2Einstein model, respectively. The individual contributions of electronic (γ), lattice (βT2), and
two Einstein resonators (E1 and E2) are also illustrated. (f) Cp/T3 as a function of T for R-GST. The black, pink, and red solid lines are fitted by
simple Debye, Debye−1Einstein (Debye + 1E), and Debye−2Einstein (Debye + 2E) models, respectively. An obvious Boson peak is present by the
red arrow in the plot.
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to take effect. The similar trends can be seen in power factors
(PF) for as-sintered samples (Figure S3 of the Supporting
Information).

Figure 3c depicts the hole concentration (pH) as a function
of the temperature for R-GST, H-GST, and 1% Sb-doped R-
GST. pH is similar and basically temperature-independent for
all three samples, scattering around 6.6 (±10%) × 1020 cm−3

from 300 to 623 K (they are heavily self-doped because of the
spontaneously formed Ge vacancies), as highlighted by the
shadowed rectangle. Therefore, it is plausible that R-GST and
1% Sb-doped R-GST resemble each other in S below 523 K.
Nonetheless, R-GST displays considerably larger Seebeck
coefficients than H-GST before the R → H phase transition,
despite their similar pH. Assuming that a single parabolic band
dominated charge transfer and acoustic phonons dominated
carrier scattering,48 S is expressed as

= *S
k T
eh

m
p

8
3 3

2
B

2

2 DOS
H

2/3i
k
jjjjjj

y
{
zzzzzz (1)

where e, h, and kB represent the electronic charge, Planck
constant, and Boltzmann constant, respectively. The derived
value of mDOS* from the above equation is 2.34me for R-GST,
which is much larger than that (0.46me) of H-GST.

The electronic band structures of H-GST and R-GST are
computed from first principles within DFT. To simplify the
calculations, Ge8Se5Te3 supercells are used as the approx-
imation of GeSe0.65Te0.35 and are fully relaxed in the context of
R3m and P63mc space groups. As illustrated in panels e and f of
Figure 3, both H-GST and R-GST are narrow gap semi-
conductors. Specifically, H-GST is an indirect band gap (Eg ∼
0.07 eV) semiconductor, with the valence band maxima
(VBM) being slightly off the Γ point. On the other hand, R-
GST features a much larger direct Eg of 0.37 eV separated by
the VBM and conduction band minima (CBM) both located at
the Γ point. For most semiconducting thermoelectric
materials, the band dispersion satisfies the Kane band model49

* = +k
m

E E
E2

1
2 2

b g

i
k
jjjjjj

y
{
zzzzzz (2)

where ℏ is the reduced Planck constant, k is the crystal
momentum, E is the energy of electron states, and mb* is the
band effective mass that relates to mDOS* through the equation50

* = *m N m( )DOS V
2/3

b (3)

where NV is the effective band degeneracy and approximates 1
for both compounds at their VBM of the Γ point (see the first
Brillouin zone illustrated in the insets of panels e and f of
Figure 3). From eqs 2 and 3, it can be concluded that the larger
Eg in R-GST should largely account for its larger values of
mDOS* with respect to H-GST.

Although R-GST has a 5 times larger mDOS* than H-GST,
their Hall mobilities differ insignificantly. Specifically, at room
temperature, the values of μH are ∼31.8 and ∼26.2 cm2 V−1 s−1

for H-GST perpendicular and parallel to the sintering
directions, respectively; for comparison, μH is only ∼25−40%
lower for R-GST, namely, ∼19.2 cm2 V−1 s−1 in both
directions. Despite the Hall mobility being a good estimate
(within 10−20%) for the drift mobility of charge carriers in
most cases, the weighted mobility is actually a better descriptor
of the inherent transport property than the Hall mobility

because it is more independent of the charge carrier
concentration and has a more consistent temperature depend-
ence.51 Figure 3d compares the values of μw (perpendicular to
the sintering direction) for the three samples investigated in
this study. Owing to the 3D non-layered structure, R-GST and
1% Sb-doped R-GST display considerably larger values (68.9
and 76.0 cm2 V−1 s−1, respectively) than 2D-layered H-GST
(9.9 cm2 V−1 s−1).

The total and lattice thermal conductivities of H-GST, R-
GST, and 1% Sb-doped R-GST are depicted in panels a and b
of Figure 4, respectively. Similar to the trends found in
electrical transport properties, there is an abrupt rise of κtot
starting from 523 K for R-GST as a result of the R → H phase
transition, and this anomaly vanishes in 1% Sb-doped R-GST.
Moreover, κlat shows strong anisotropy for H-GST but not for
the two rhombohedral compounds. Surprisingly, 3D non-
layered R-GST displays comparable or even lower κlat than 2D
H-GST. At 673 K, an exceptionally low κlat of 0.2 W m−1 K−1 is
attained in R-GST perpendicular to the sintering pressure
direction. As a comparison, κlat is 0.6 W m−1 K−1 for 2D H-
GST measured along the same direction.

To understand the origin of ultralow κlat, the phonon
dispersions of H-GST and R-GST were calculated on the basis
of the first-principles theory, and the results are displayed in
panels c and d of Figure 4, respectively. Both hexagonal and
rhombohedral GST are supposed to be dynamically stable
because no imaginary frequency appears in their phonon
spectrum. An apparent frequency gap (between 3 and 4 THz),
however, is observed in the phonon spectrum of H-GST,
which likely arises from its 2D crystal structure. In addition, the
cutoff frequency of acoustic modes of R-GST is suppressed
below 1.5 THz as a result of the avoided crossing (highlighted
by the red circles) of the low-frequency optical modes with the
acoustic modes. This value is comparable to ∼1.6 THz for
SnSe52 and ∼1.5 THz for PbTe53 but much lower than 1.9
THz for H-GST. The avoided crossing between the optical and
acoustic modes has generally been considered as a sign of
phonon coupling and a hallmark of low thermal conductiv-
ity.54−56

An experimental examination of the phonon coupling can be
carried out by detecting the Boson peak in the specific heat
(Cp) measurement. Considering only the contribution of long-
wave phonons to specific heat, the traditional Debye model can
well describe the specific heat behavior of many materials at
low temperatures.57−59 However, as shown in Figure 4e, the
simple Debye model fails to describe the experimental results
of R-GST, indicating that the acoustic phonon modes alone are
insufficient to explain the observed specific heat. Therefore,
multiple Einstein oscillator modes must be considered. Indeed,
the plot of Cp/T versus T2 for R-GST in the temperature range
of 5−40 K can be well-fitted when employing the Debye−
2Einstein model expressed as60
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In eq 4, γ and bT2 represent the contribution of electrons and
lattice to Cp, respectively, the integral term stands for Einstein
resonator contribution, where n is the number of Einstein
resonator modes, An is the prefactor of the nth Einstein
resonator mode, and ΘEn is the characteristic Einstein
temperature of the nth Einstein mode. The fitting of low-
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temperature specific heat data of R-GST provides evidence for
the existence of at least two low-lying Einstein resonator
modes, and the derived Einstein temperatures from the fitting
(see Table S3 of the Supporting Information) are ΘE1 = 53.8 K
(1.12 THz) and ΘE2 = 109.4 K (2.28 THz). The Einstein
mode of ΘE1 is in line with the avoided crossing frequency
(1.34 THz) of acoustic modes in the phonon dispersion of R-
GST (Figure 4d), which verifies the strong phonon coupling in
the material.61

Using the Debye−2Einstein model to fit the low-temper-
ature Cp data of R-GST, an extreme peak emerges between 10
and 20 K in the Cp/T3−T plot, which is referred to as the
Boson peak (Figure 4f). The Boson peak is usually detected in
materials with intrinsically low thermal conductivity, and its
possible origin could be (i) intrinsic disorder in the harmonic
force constants (frequently seen in amorphous alloys)62 and
(ii) strong coupling between acoustic phonons and low-
frequency optical phonons,63 which is the case in the present
study. The preceding structural diagram (Figure 1a) and TEM
analysis (Figure S2 of the Supporting Information) demon-
strate the off-centering Ge atoms and associated ferroelectric
domains in R-GST. The resultant ferroelectric lattice instability
induces soft low-lying polar phonons that interfere strongly
with the heat-carrying acoustic phonons and help achieve 2D-
like phonon transport in 3D non-layered R-GST.

4. CONCLUSION
In this study, by rationally controlling the synthesis conditions,
we have successfully obtained two narrow gap semiconductors
with the same chemical composition of GeSe0.65Te0.35: one
with a 2D-layered hexagonal structure and the other with a 3D
non-layered rhombohedral structure. As expected, the 3D
network of rhombohedral-structured GST endows it with a
superior weighted mobility compared to 2D-layered H-GST.
However, the lattice thermal conductivity of R-GST is
extremely low and resembles that of 2D-layered H-GST,
which is beyond our expectation. The existence of low-lying
optical phonon modes and the strong coupling with acoustic
phonon modes in R-GST is confirmed by the Boson peak
detected by the low-temperature specific heat and calculated
phonon spectra, derived from the off-centering Ge atoms and
the resultant ferroelectric lattice instability. The 2D-like
thermal conductance in 3D-structured R-GST represents a
good example of decoupling charge and phonon transport in
solid crystalline materials. A minute Sb doping (1 mol %) is
proven to effectively inhibit the adverse R → H phase
transition of R-GST at an elevated temperature and yields a
maximum value of ∼1.1 at 623 K, rendering it one of the best
performing GeSe-based thermoelectric materials.
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